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The main theorem of the article referenced above contains an error in the statement, and so
the proof provided in that article needs some adjustments. Here we correct the statement and
provide the appropriate proof. We take the opportunity to observe that similar adjustments must
be made to the results of [2].
The first adjustment occurs in the definition of functions of ϕ-controlled oscillation. With the
notation introduced originally, we must write the condition of oscillation as
osc
B
u ϕ
([
r2−nB
∫
(1+η)B
(∣∣∇u(x, t)∣∣2 + ∣∣u(x, t)∣∣∣∣u(X, t)∣∣)dx dt]1/2) (1)
and we must add the condition ϕ(λ)mλ, which is part of the hypothesis of [1, Theorem 1.1(b)].
All the other definitions remain the same, and the statement of the main lemma reads as follows:
Proposition 1 (Main lemma). Let u ∈O(ϕ) such that lim|X|→∞ |u(X)| = 0. Then for every ε > 0
there exists a function ψ :Rn+ →R such that
(i) ‖u−ψ‖L∞  ε.
(ii) For every compactly supported smooth function w  0 defined on Rn−1, any cube Δ ⊂Rn−1
of side length r > 0, and with an appropriate aperture β > α∫
Δ
[
Brαψ(x)
]2
w(x)dx  ε
∫
Δ
Mw(x)dx + 1
ε
∫
Δ
[
ϕ
(
Srβu(x)
)]2
w(x)dx. (2)
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tion Mw must be included, instead of the w alone.
The construction of ψ remains the same, and we refer the reader to the original article for this
and other details, definitions, and notations used throughout. For convenience, though, we quote
the following estimates for a red rectangle R:
ε  osc
R
u ϕ
([
1
(diamR)2−n
∫
R˜
(∣∣∇u(x, t)∣∣2 + ∣∣u(x, t)∣∣∣∣u(X, t)∣∣)dx dt]1/2), (3)
∫
R˜◦
∣∣∇u(X)∣∣d1−n(X)dX  1
ε
ϕ
([∫
R˜
∣∣∇u(X)∣∣2d2−n(X)dX]1/2). (4)
Also, if we let uT = uχDT , where DT is the closure of the union of rectangles Q ∈ F such that
Q ⊆ D(Sj ) and Q∩ T = ∅, then we have∫
I0
[
Bα(uT )(x)
]2
w(x)dx  ε(diamT )1−n
∣∣∂T ∩ d(Sj )∣∣w(Δ˜T ) εw(Δ˜T ). (5)
Changes must be implemented in the proofs of the following two lemmas.
Lemma 1. For appropriate aperture β > α and dilation I˜0 of I0∫
I0
[
BαuR(x)
]2
w(x)dx  1
ε
∫
I˜0
[
ϕ
(
Su(x)
)]2
w(x)dx. (6)
Proof. We consider the contribution to |∇u| from the interior and the edges of red rectangles. In
either case we first use Fubini’s theorem to write the left-hand side of (6) as∫
I0
∑
R∈R
∫
R◦
∣∣∇uR(X)∣∣d1−n(X)χ(y)w(y)dX dy, (7)
where χ(y) is the characteristic function of a ball in Rn−1 of radius comparable to d(X) and
uR = uχR . We apply (4) to the interior of each term of the sum, add the terms together, and
apply again Fubini’s theorem to obtain the right-hand side of (6). To deal with the integration
over ∂R, observe that for each R∫
I0
∫
∂R
∣∣∇u(X)∣∣d1−n(X)dXχΔ˜R (y)w(y)dX dy ≈ εw(Δ˜R)
and by (3) and the splitting in rectangles explained above, we obtain from the left-hand side of (6)
a sum of terms dominated by
1
ε
(
ϕ
([∫
R˜
∣∣∇u(X)∣∣2d2−n(X)dX]1/2))2w(Δ˜R).
This clearly implies the lemma after summing over the rectangles and applying Fubini’s theorem
as above. 
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I0
[
Bαuj (x)
]2
w(x)dx  ε
∫
I0
Mw(x)dx + 1
ε
∫
I˜0
[
ϕ
(
Sβu(x)
)]2
w(x)dx. (8)
Proof. For any domain D(Sj ) in the class I we let T ∈ F denote any adjacent rectangle to
D(Sj ). We have as in the proof of (5)∫
I0
[
Bαuj (x)
]2
w(x)dx 
∑
T
w(ΔT )Mw(x)
∑
T
|ΔT |
for x ∈⋃ΔT . Using the definition of the class I ,∫
I0
[
Bαuj (x)
]2
w(x)dx  |I0|Mw(x)
for all x ∈ I0, which yields the first term in (8).
Consider now D(Sj ) in the class II. Let T be any adjacent rectangle to D(Sj ). Suppose R ⊂
L(T ) is a red rectangle that touches D(Sj ). From the proof of Lemma 1, and by the definition of
the class II, we claim that it suffices to prove that∫
I0
∫
∂T∩d(Sj )
∣∣∇uj (X)∣∣d1−n(X)χ(y)w(y)dy  ∫
I0
∫
R
∣∣∇uj (X)∣∣d1−n(X)χ(y)w(y)dX dy,
as the contribution of all ∂T which are adjacent to D(Sj ) is dominated by the contribution
of ∂T with T ∈ A(Sj ). But observe that the above equation can be obtained by choosing an
appropriate aperture on the right-hand side, by the Lipschitz character of D(Sj ) and the fact that
R ∈ L(T ). 
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